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Let (an)n≥1 be the sequence defined recursively by an+1 =
√

a2
n + a2

n−1

2
for n ≥ 2, with

a1 and a2 two positive numbers as initial values. Then lim
n→∞

an =
√

a2
1 + 2a2

2

3
.

Proof.

A related proof without words appears as [1].
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Summary. Visual proof that the limit of the recursive root mean square sequence defined by an+1

=
√

a2
n + a2

n−1

2
is

√
a2

1 + 2a2
2

3
where a1 and a2 are the initial values of the sequence.
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Artist Spotlight
Robert Fathauer

Calla Hibiscus Spirals, Robert
Fathauer; limited edition screen
print, 2012. This artwork was
constructed by graphically iterat-
ing a photographic building block
created from photographs of a
calla lilly and a hibiscus flower,
where the stalks of the calla
lilly were distorted to conform
to plastic-number spirals. In the
print, a building block with a
large leaf at one end and a blos-
som at the other was used at the
beginning of the iteration process.

See interview on page 220.

Ask Siri . . .

A: What is 1 divided by 0?
S: Please don’t make me divide by 0. That would be like asking you to grow a third
arm.

1 ÷ 0 = undefined.
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